In order to match the growth of the decentered square and the evolution of the interface cell in a two-dimensional cellular automaton-finite volume method (CA-FVM) model with decentered square algorithm, the present work first alters the determination of the half length of the square diagonal according to the preferential growth orientation, and then modifies the interface evolution considering the contribution of neighboring solid cells. Accordingly, the sharp interface (physical basis of the model), the growth orientation, and the growth consistence are reasonably guaranteed. The CA-FVM model presents some capabilities in predicting the free growth of equiaxed dendrites. With the increase of the cooling rate, the solidification structure gradually changes from cell to dendrite, and the solute segregation becomes more severe. Meanwhile, the predicted solute segregation under the intensive cooling condition is consistent with the calculation by Ueshima model at the initial solidification stage. The predicted competition behavior of columnar dendrites is qualitatively consistent with the observation in the continuously cast steel billet. The predicted dendrite arm spacings are close to the measurements.
Introduction
The solidification structure of continuously cast steel strands typically consists of surface fine equiaxed dendrite, intermediate columnar dendrite, and interior equiaxed dendrite. During the steel solidification, the solute gradually enriches among columnar dendrites and, as a result, reduces the solidification temperature there, which easily causes the formation of cracks with the thermal stress [1] . Meanwhile, the over-developed columnar dendrites bridging together near the final solidification block the mixture between the enriched solute there and that before bridging, accordingly deteriorating the central segregation in the strand [2] . Therefore, the full understanding of the dendritic growth is of great significance to improving the solidification quality of the strand.
The dendrite is at the microscopic scale, whereas the liquid core in the steel strand is at the macroscopic scale-even more than 20 m in length [3, 4] -leading to a considerable computational burden. Among numerical approaches for predicting the dendritic growth of alloys, cellular automaton (CA) method is the most efficient, and holds essential physical background [5] . Different from the use of additional governing equations to characterize the interface evolution in phase field (PF) and level set (LS) models, the CA approach depends on the designed neighboring configuration and capture rules [6] . However, CA models suffer severely from the mesh anisotropy. For example, dendrites tend to grow along or at 45 • with respect to the mesh, regardless of the preferential growth orientation. Additionally, the growth discrepancy of multi-oriented dendrites is also a part of the artificial anisotropy. Focusing on neighboring configuration and capture rules and the interface evolution, many effective modifications
Model Description

Nucleation Model
The variation of nucleation density n with the melt undercooling ∆T is described by a Gaussian function [39] :
where n max is the maximum nucleation density, m −1 , and ∆T n and ∆T σ are the average and the standard deviation of the nucleation undercooling, K, respectively. The increment of the nucleation density, δn, induced by the change of the melt undercooling δ(∆T) is calculated as follows:
The nucleation probability P n of a liquid cell at the domain bottom is determined as follows:
where ∆x is the cell size. Meanwhile, a random number within 0 to 1 is generated for the liquid cell as it is scanned. If the random number is lower than P n , and simultaneously ∆T is higher than ∆T n , nucleation will occur. The preferential growth orientation is randomly chosen within −45 • to 45 • .
CA Model
The solidification of a cell successively undergoes liquid, interface, and solid states, also present as its solid fraction changes from 0 to 1. Figure 1 is the schematic diagram of DCSA. As the nucleation of a liquid cell (0, 0) happens, a square noted as A with the same orientation is placed in the cell center. Four corners of square-A penetrate into the neighboring liquid cells such as (0, 1), accordingly capturing them as interface cells, as shown in Figure 1a . Simultaneously, a group of square-Bs form at A's corners and correspond to the interface cells, respectively, as shown in Figure 1b . Growth parameters (orientation, location, etc.) of captured cells such as (0, 1) and square-Bs are inherited from cell (0, 0) and square-A. With the growth of the interface cells, square-Bs expand along the preferential growth direction, touch neighboring liquid cells such as (−1, 1), and capture them as interface cells (as shown in Figure 1c) . Meanwhile, square-Cs are born at the corners of square-Bs which penetrate into neighboring liquid cells. Heretofore, all liquid cells at Moore locations of the nucleation cell (0, 0) are in interface state. Square-Bs continue growing until the corresponding interface cells become solid. Additionally, when a liquid cell cannot be captured by neighboring cells at Moore locations with their squares, it changes to an interface cell automatically. As several squares with the same orientation touch a liquid cell simultaneously, child squares are born at corresponding corners with the same orientation, but different locations. This case usually occurs when the nucleus orientation is 0 • . If orientations of parent cells are different, the child's orientation is selected as that with the maximum frequency in parents. Accordingly, the dendritic collision with different orientations is solved. With the above approaches, the orientation of an interface cell and its squares is single.
The growth velocity of the interface is determined by the solute balance and redistribution [7] :
where n is the norm of the solidification interface, V n is the norm growth velocity of the interface, m/s, C 0 , C * l , and C * s are the initial content, equilibrium liquid, and solid concentrations at the interface, wt%, respectively, k 0 is the equilibrium redistribution coefficient of the solute, m l is the slope of the liquidus line in the equilibrium Fe-C phase diagram, K·wt% −1 , Γ is the Gibbs-Thomson coefficient of Fe-C alloy, K·m, ϕ and θ are angles of the interface norm and the preferential growth orientation with respect to the x axis, • , respectively, ε is the anisotropy parameter, D l and D s are diffusion coefficients of the solute in liquid and solid phases, m 2 ·s −1 , respectively, T l is the equilibrium liquidus temperature of Fe-C alloy, K, and ∂ x f s , ∂ y f s , ∂ xx f s , ∂ yy f s , and ∂ xy f s are derivatives of solid fraction f s determined with the bilinear interpolation method [13, 14] .
where n is the norm of the solidification interface, Vn is the norm growth velocity of the interface, m/s, 0 C , * l C , and * s C are the initial content, equilibrium liquid, and solid concentrations at the interface, wt%, respectively, k0 is the equilibrium redistribution coefficient of the solute, ml is the slope of the liquidus line in the equilibrium Fe-C phase diagram, K·wt% −1 , Γ is the Gibbs-Thomson coefficient of Fe-C alloy, K·m, ϕ and θ are angles of the interface norm and the preferential growth orientation with respect to the x axis, °, respectively, ε is the anisotropy parameter, Dl and Ds are diffusion coefficients of the solute in liquid and solid phases, m 2 ·s −1 , respectively, Tl is the equilibrium liquidus temperature of Fe-C alloy, K, and ∂xfs, ∂yfs, ∂xxfs, ∂yyfs, and ∂xyfs are derivatives of solid fraction fs determined with the bilinear interpolation method [13, 14] . The magnitude of Vn is determined as follows [7] :
where Vx and Vy are growth velocities along x and y axes, m·s −1 , and W and E represent left and right neighbors of the present interface cell P, respectively. Therefore, the half length of the square diagonal Ldia is updated as follows [9, 35, 36] : The magnitude of V n is determined as follows [7] :
where V x and V y are growth velocities along x and y axes, m·s −1 , and W and E represent left and right neighbors of the present interface cell P, respectively. Therefore, the half length of the square diagonal L dia is updated as follows [9, 35, 36] :
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where GF is the geometry factor, ω GF is the correction factor (influenced by the interfacial undercooling and the preferential growth orientation), s I i and s II i are state parameters of first and second nearest neighboring cells, respectively, and ∆t and t are the time step and the solidification time, s, respectively.
Subsequently, the solid fraction is updated as follows [35, 36] :
Transport Models
The heat transfer during the solidification is described with a 2D heat conduction Equation:
where T is the temperature, K, ρ is the density, kg·m −3 , λ is the thermal conductivity, W·m −1 ·K −1 , c p is the specific heat capacity, J·kg −1 ·K −1 , and L is the solidification latent heat, J·kg −1 . Solute diffusions in liquid and solid phases are governed by the following equations:
Meanwhile, the solid concentration in the interface cell is updated as follows:
As the interface cell becomes solid, the solute in the residual liquid phase discharges to the neighboring liquid phase, according to the concentration difference between them.
Both Equations (16) and (17) are solved implicitly. However, Equation (18) is treated explicitly, as well as the interface evolution. Therefore, the time step should satisfy the stability: (20) where V n,max is the maximum growth velocity of the interface, m·s −1 , and D max is the maximum solute diffusion coefficient, m 2 ·s −1 . Physical properties of Fe-0.82C alloy are listed in Table 1 [37, 38] . 
Model Evaluation and Application
Free Growth of Equiaxed Dendrite
The present work designs a n µm × n µm modeling domain, meshes it into 1 µm × 1 µm cells, and places a nucleus with the preferential growth orientation of 0 • in the center of the domain. The temperature in the domain is constant according to the preset melt undercooling ∆T. Meanwhile, the solute field is initialized at 0.82 wt%, with the solute flux of 0 at boundaries. Therefore, the free equiaxed dendritic growth of Fe-0.82C alloy is simulated and compared with the Lipton-Glicksman-Kurz (LGK) analytical model [40] . In addition, the stability constant σ* is 0.1785 as the anisotropy parameter of 0.04 [41] .
In order to determine the steady state, the average growth velocity V n is defined by the cell size and the time interval as the cell stays at interface state [37] . Figure 2 shows V n of dendritic tips at melt undercoolings of 5 K and 8 K. According to the dendritic growth theory [9, 42] , the solidification time and length needed by the equiaxed dendrite to reach the steady state should be on the orders of D l V −2 n and 5D l k
n , respectively. For example, the transient time and length are 19.4 s and 4.6 mm as ∆T is 5 K, according to the steady tip growth velocity (16.1 µm·s −1 ) predicted by the LGK model. Therefore, before the dendritic growth reaches the steady state at ∆T = 5 K, it will be influenced by boundary conditions. Beltran-Sanchez and Stefanescu [7] proposed that the steady state can be determined as the concentration at the boundary contrary to the dendritic tip reaches 1.01 times the initial value. So, the domain size is adjusted according to the melt undercooling in the present work. Steady states at melt undercoolings of 5 K (n = 701) and 8 K (n = 301) are properly determined according to Beltran-Sanchez and Stefanescu [7] , as shown in Figure 2 . Figure 3 shows steady tip growth velocities of equiaxed dendrites predicted by CA-FVM model and the comparison with analytical results. Steady tip growth velocities agree with analytical results. Meanwhile, compared with our previous model based on Neumann rule [37, 38, 41] , the accuracy is much improved. However, because the present approach is deterministic and depends on the mesh layout, the mesh size greatly influences the dendritic radius. 
Interface Type and Growth Consistence
In order to ensure the physical background of the present CA-FVM model to deal with the dendritic solidification problem, its interface type is investigated and compared with the prediction by Luo and Zhu [34] , and that with 2Δx as the maximum half length of the square diagonal. Figure 4 shows the distribution of the cell state in the horizontal centerline during the free growth of a single equiaxed dendrite. There exists one interface cell in front of the equiaxed dendritic tip, therefore the present CA-FVM model can keep a sharp interface. However, models developed by Luo and Zhu [34] and with 2Δx produce two and three interface cells in front of the tip, as shown in Figure 4b ,c. Therefore, the present CA-FVM model is better for simulating the dendritic solidification of alloys due to a more reliable physical basis. 
In order to ensure the physical background of the present CA-FVM model to deal with the dendritic solidification problem, its interface type is investigated and compared with the prediction by Luo and Zhu [34] , and that with √ 2∆x as the maximum half length of the square diagonal. Figure 4 shows the distribution of the cell state in the horizontal centerline during the free growth of a single equiaxed dendrite. There exists one interface cell in front of the equiaxed dendritic tip, therefore the present CA-FVM model can keep a sharp interface. However, models developed by Luo and Zhu [34] and with √ 2∆x produce two and three interface cells in front of the tip, as shown in Figure 4b ,c. Therefore, the present CA-FVM model is better for simulating the dendritic solidification of alloys due to a more reliable physical basis. Figure 5 shows the equiaxed dendritic morphology predicted by CA-FVM model at the melt undercooling of 9 K and the solidification time of 0.6 s. Equiaxed dendrites grow along the preferential orientations as preset, meanwhile lengths of primary arms are similar, especially as preferential growth orientations are 0° and 45°. Primary arms are symmetrical according to the centerlines and the diagonals in 0° and 45° cases. However, the symmetry of primary arms is influenced by the mesh in the 15° case. Figure 6 shows the relative deviations of the primary arm length and the solid fraction with respect to the 0° case. The bases of the primary arm length and the solid fraction of the equiaxed dendrite are 83.2 μm and 6.83%, as shown in Figure 5a . Therefore, as the preferential growth orientation varies from 5° to 45°, relative deviations of the primary arm length and the solid fraction are within −8.36% to 8.91% and −10.85% to 4.77%, respectively. The Cartesian grid inevitably induces anisotropy [43] , however the present CA-FVM model reduces it into a reasonable and acceptable level. are within −8.36% to 8.91% and −10.85% to 4.77%, respectively. The Cartesian grid inevitably induces anisotropy [43] , however the present CA-FVM model reduces it into a reasonable and acceptable level.
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Segregation among Equiaxed Dendrites
In a 500 µm × 500 µm domain meshed with 1 µm × 1 µm cells, 21 nuclei with different preferential growth orientations are randomly placed. Meanwhile, the melt of Fe-0.82C alloy in the domain is gradually cooled from T l according to the preset cooling rate. Figure 7 shows the solute distribution around equiaxed dendrites at the solid fraction of 0.5, as the cooling rate (CR) varies from 0.5 K·s −1 to 50 K·s −1 . As CR is 0.5 K·s −1 , the nuclei develop as cellular structures. With the improvement of CR, the equiaxed dendritic structure gradually forms (as shown in Figure 7b ). As CR increases to 50 K·s −1 , primary arms become thinner, with developed secondary arms. 
In a 500 μm × 500 μm domain meshed with 1 μm × 1 μm cells, 21 nuclei with different preferential growth orientations are randomly placed. Meanwhile, the melt of Fe-0.82C alloy in the domain is gradually cooled from Tl according to the preset cooling rate. Figure 7 shows the solute distribution around equiaxed dendrites at the solid fraction of 0.5, as the cooling rate (CR) varies from 0.5 K·s −1 to 50 K·s −1 . As CR is 0.5 K·s −1 , the nuclei develop as cellular structures. With the improvement of CR, the equiaxed dendritic structure gradually forms (as shown in Figure 7b ). As CR increases to 50 K·s −1 , primary arms become thinner, with developed secondary arms. Figure 8 shows the variation of the average solute concentration in liquid phase l C with the solid fraction, and the comparison with the prediction by Scheil [3] and Ueshima [44] models. Both Scheil and Ueshima models assume that the solute mixes uniformly in the liquid phase [3, 44] . Ueshima model [44] considers the finite solute diffusion in the solid phase, while Scheil model does Crystals 2016, 6, 147
9 of 12 Figure 8 shows the variation of the average solute concentration in liquid phase C l with the solid fraction, and the comparison with the prediction by Scheil [3] and Ueshima [44] models. Both Scheil and Ueshima models assume that the solute mixes uniformly in the liquid phase [3, 44] . Ueshima model [44] considers the finite solute diffusion in the solid phase, while Scheil model does not. According to the statistics, the average distance between equiaxed dendrite is 98.8 µm, which is twice the domain size used in Ueshima model. With the proceeding of the solidification, solute enrichment becomes more severe, especially near the final solidification. Meanwhile, C l increases with the improvement of CR due to the fast solidification and the development of secondary arms, as shown in Figures 7 and 8 . When CR is 50 K/s, C l predicted by the CA-FVM model is similar to the calculation by Ueshima model. However, the present prediction is significantly higher near the final solidification. Additionally, Scheil's prediction is always higher than that by the CA-FVM model. C with the solid fraction, and the comparison with the prediction by Scheil [3] and Ueshima [44] models. Both Scheil and Ueshima models assume that the solute mixes uniformly in the liquid phase [3, 44] . Ueshima model [44] 
Constrained Growth of Columnar Dendrite
The present work designs a 4 mm × 4 mm domain, meshes it into 2.5 µm × 2.5 µm cells, sets the initial temperature at T l , and cools the domain down with the average heat flux according to the mold cooling condition of SWRH82B steel billet [37] , accordingly simulating the unidirectional solidification of Fe-0.82C alloy. Initial and boundary conditions for the solute diffusion are the same as those mentioned above. Figure 9 shows the comparison between the predicted columnar dendritic morphology and the experimental observation. Some columnar dendrites win from the initial competition, and are with strong primary branches and well developed secondary, even higher-order arms. Moreover, columnar dendrites with contrary growth directions alternately restrict each other, which is similar to the experimental observation. Additionally, average primary and secondary dendrite arm spacings (λ 1 and λ 2 ) in regions A and B are concerned. The predicted λ 1 and λ 2 are 182.8 µm and 69.8 µm, while the corresponding experimental measurements are 142.2 µm and 101.5 µm, respectively. On the one hand, dendritic arms become ripened with repeated temperature cycles, rising up and going down in secondary and radiation cooling zones during the continuous casting of SWRH82B steel billet. On the other hand, λ 1 is determined before being adjusted by tertiary arms in the simulation, while secondary arms are promoted by the higher heat flux and the finer mesh. Additionally, the lack of one-dimensional space also contributes to the numerical deviation.
The present modification still contains several defects, such as low growth velocity, mesh size-dependent tip radius, and mesh anisotropy at some orientations. Meanwhile, future work should be concerned with the depiction of dendrites with orientations close to the mesh. Additionally, a 3D model is necessary to authentically simulate dendritic growth.
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The present modification still contains several defects, such as low growth velocity, mesh size-dependent tip radius, and mesh anisotropy at some orientations. Meanwhile, future work should be concerned with the depiction of dendrites with orientations close to the mesh. Additionally, a 3D model is necessary to authentically simulate dendritic growth. 
Conclusions
Based on DCSA, a 2D CA-FVM model is developed to simulate the multi-oriented dendritic growth of Fe-0.82C alloy. The half length of the square diagonal is determined according to the preferential growth orientation, meanwhile an interface geometry factor is introduced. The results show that the present modification can ensure the physical basis of CA approach-that is, the sharp interface-and reasonably keep the growth consistence of dendrites.
The steady tip growth velocities of equiaxed dendrites predicted by CA-FVM model agree with LGK's results as the melt undercooling varies from 4.0 K to 8.0 K. The predicted average solute concentrations in the liquid phase are always lower than Scheil's results, but agree with those from the Ueshima model at the initial solidification stage when the cooling rate is 50 K/s. The predicted 
The steady tip growth velocities of equiaxed dendrites predicted by CA-FVM model agree with LGK's results as the melt undercooling varies from 4.0 K to 8.0 K. The predicted average solute concentrations in the liquid phase are always lower than Scheil's results, but agree with those from the Ueshima model at the initial solidification stage when the cooling rate is 50 K/s. The predicted alternant growth of columnar dendrites with contrary orientations is similar to the experimental observation. Meanwhile, calculated primary and secondary arm spacings agree with the measurements to some extent.
